If a strictly convex Banach space Y contains either a symmetric basic sequence which is not equivalent to the l -basis or a normalized sequence with an upper 1 p-estimate, then there is a Banach space X such that the set of norm-attaining operators is not dense in the Banach space of all bounded linear operators from X into Y. We deduce that no infinite-dimensional uniformly convex Banach space has Lindenstrauss' property B. ᮊ
INTRODUCTION
The Bishop᎐Phelps theorem, the origin of the so-called ''perturbed optimization principles,'' asserts that the set of norm-attaining functionals on a Banach space is dense in the dual space for the norm topology. In w x their seminal paper, Bishop In view of such an amount of examples, one is tempted to conjecture that, at least in the infinite-dimensional context, property B and strict convexity are incompatible. Our more general result, which seems to support this idea, reads that a strictly convex Banach space fails property B if there is a noncompact operator from any member in a certain family of preduals of Lorentz sequence spaces into it. No matter how unpleasant this assumption may look, it is very frequent. We show that it is fulfilled by any Banach space containing either a symmetric basic sequence which is not equivalent to the l -basis or a normalized sequence with an upper 1 p-estimate. As a consequence, we get the main result of this paper: Every infinite-dimensional uniformly convex space fails property B. Actually, we prove that a strictly convex Banach space containing an infinite-dimensional super-reflexive subspace cannot have property B.
RESULTS
Let us start by recalling the definition of a family of Banach spaces whose relevance in the theory of norm-attaining operators was first observed by Gowers. This family has been recently used to solve some w x problems related to norm-attaining multilinear forms and polynomials 11 .
By admissible sequence w we shall mean a decreasing sequence w s Ž Ž .. Ž . admissible sequence, the Banach space d# w is defined by
. Ž< Ž .<. where x n is the decreasing rearrangement of x n . The norm of Ž . d# w is given by
It is well known 8, 15 that d# w is a predual of the Lorentz sequence Ž . Ž Ž .. space d w, 1 , the Banach space of all sequences of scalars x s x n for which
where ranges over all permutations of the integers 13 . In fact, d# w is Ž . an M-ideal in its bidual and is the only predual of d w, 1 with this w x property 17, 10 . w x Ž . In 9 , Gowers proved that the unit ball of d# w lacks extreme points.
Ž . Actually, the following lemma shows that faces in the unit ball of d# w w x Ž look very much like those of c . The proof can be found in 1 for the 0 Ž .
. w x special case w n s 1rn and in 11 . Throughout, the unit vector basis of Ž . Ž . d# w will be denoted by e . Ž .
PROPOSITION 2. E¨ery norm-attaining operator from d# w into a strictly con¨ex Banach space is a finite-rank operator.

COROLLARY 3. If Y is a strictly con¨ex Banach space and for some Ž . admissible sequence w there is a noncompact operator from d# w into Y, then Y fails property B.
We present two ways to derive profit from this corollary. The first one is w x a slight improvement of a result by Gowers. In 9 , Gowers shows that, by Ž . Ž . Ž . taking w s 1rn , d# w is contained as a vector space in l for p Ž . 1 -p -ϱ and the formal identity is a bounded operator from d# w to l p which is far from any norm-attaining operator. Getting the most out of Gowers' arguments, one can easily prove that a strictly convex Banach space which contains an isomorphic copy of l , 1 -p -ϱ, cannot have p property B. The possibility of using any noncompact operator will allow a further improvement, due to the following technical result: The proof requires the following lemma: Let a , a , . . . , a and b , b , . . . , b be real numbers
Ž . Proof of Proposition 4. Since y is not equivalent to the l -basis, there n 1 ϱ Ž . exists a series Ý w n y in Y which converges unconditionally but not ns 1 n Ž Ž .. absolutely. Let us show that the sequence w s w n can be taken to be Ž . Ž . admissible. Since y is unconditional we may arrange w n G 0 for all n. n Ž .
Ž . Ž Actually, we may have w n ) 0 since y is subsymmetric i.e., equivalent n .
Ž. to any subsequence . Finally, the symmetry of y allows rearranging w to n get a decreasing sequence. Thus, we have an admissible sequence w such Ž . Ž . that Ý w n y converges. Clearly, if y is equivalent to the l -basis nG 1 n n p with 1 -p -ϱ, we can use any admissible sequence w g l . of the unit ball of Y *. Consider a permutation of the integers satisfying Ž . < Ž .< < Ž .< < Ž .< that k F n for k F n, and y* y G y* y G иии G y* y .
Ž1.
Ž2. Ž n.
< < < Ž .< Ž . Finally, choose scalars such that s 1 and y* y s y* y
Then we have previous lemma gives 
